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Low-temperature crystal and magnetic structures of the magnetoelectric material Fe4Nb2O9
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Fe4Nb2O9 was recently reported to be a new magnetoelectric material with two distinct dielectric anomalies
located at TN ≈ 90 K for an antiferromagnetic transition and Tstr ≈ 77 K of unknown origin, respectively. By
analyzing low-temperature neutron-powder-diffraction data, here we determined its magnetic structure below
TN and uncovered the origin of the second dielectric anomaly as a structural phase transition across Tstr . In the
antiferromagnetically ordered state below TN , both Fe1 and Fe2 magnetic moments lying within the weakly
and strongly buckled honeycomb layers are arranged in a fashion that the three nearest neighbors are directed
oppositely. Upon cooling below Tstr , the symmetry of crystal structure is lowered from trigonal P-3c1 to
monoclinic C2/c, in which a weak sliding of the metal octahedral planes introduces a monoclinic distortion
of ∼1.7◦. The magnetic structure is preserved in the low-temperature monoclinic phase, and the Fe magnetic
moment increases from 2.1(1)μB at 95 K to 3.83(4)μB at 10 K assuming an equal moment configuration at
Fe1 and Fe2 sites. The magnetic point group and linear magnetoelectric tensor at each temperature region are
determined. From a symmetry-related tensor analysis, the microscopic origins of the magnetoelectric effects
between TN and Tstr are proved to be spin-current and d-p hybridization mechanisms.

DOI: 10.1103/PhysRevB.100.094109

I. INTRODUCTION

Multiferroic materials have been extensively studied over
the last two decades since they hold great application possi-
bilities in rapidly growing information technology such as the
storage memory or logic devices. In multiferroic materials,
ferroelectric and magnetic orders can coexist and have a mu-
tual coupling between them. Therefore, the electric ordering
can be controlled by changing the magnetic field and vice
versa. Because these two ordering parameters are usually
mutually exclusive, multiferroics are not commonly found in
nature. Thus, an enormous effort has been devoted to predict
and design multiferroic materials with outstanding magneto-
electric (ME) coupling. In this regard, spin-driven (or type-II)
multiferroics are promising candidates in which some specific
types of magnetic structure break the inversion symmetry and
generate polarization. Several type-II multiferroics such as
TbMnO3, TbMn2O5, CuO, and GdFeO3 have been found to
exhibit strong ME coupling [1–4].

*ja.alonso@icmm.csic.es
†yschai@cqu.edu.cn
‡jgcheng@iphy.ac.cn

Apart from this class of multiferroics, another group of
materials possessing centrosymmetric crystal structure, e.g.,
Cr2O3, FeSb2O4, NdCrTiO5, and MnTiO3 [5–8], also exhibit
strong cross coupling between electric and magnetic order
via the linear magnetoelectric (LME) effect. Unlike type-II
multiferroics, they are not ferroelectrics at the ground state,
and become ferroelectric only under an external magnetic
field above some critical value. In addition, their polarizations
linearly increase with magnetic field. Although the LME
effect was first observed in antiferromagnetic (AF) Cr2O3 in
1961 [5], so far only a limited number of LME materials are
available due to symmetry restriction.

Recently, the family of A4M2O9 (A = Fe, Co, Mn and
M = Nb, Ta) materials has attracted profound research in-
terest owing to the observation of novel LME effect [9–17].
At ambient conditions, these materials crystallize in a trig-
onal P-3c1 centrosymmetric space group, analogous to the
magnetoelectric corundum-type Cr2O3 [18]. In a more recent
study on Fe4Nb2O9 (FNO), LME coupling and spin-driven
ferroelectricity were reported below its Néel temperature, TN ,
under magnetic field above 6 T [9]. Its magnetic susceptibility
χ (T ) exhibits an anomaly at the paramagnetic to AF transition
of TN ≈ 90 K. Interestingly, its dielectric permittivity ε′(T )
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displays two successive anomalies at about 90 and 77 K,
respectively. While the former anomaly corresponds to the AF
transition seen in χ (T ), the origin for the second anomaly
of ε′(T ) around 77 K remains elusive. In Ref. [9], it was
speculated that the latter anomaly might arise from either a
spin reorientation or even a structural transition. To address
this issue, it is essential to obtain the information about low-
temperature crystal and magnetic structures of FNO, which
remain unknown to our knowledge. In this work, we have car-
ried out low-temperature neutron-powder-diffraction (NPD)
measurements on polycrystalline FNO. Detailed data analyses
allowed us to determine its AF spin structure below TN , and
to reveal a structural phase transition across Tstr (denoted
as TN2 in Ref. [9]) from high-temperature trigonal P-3c1 to
low-temperature monoclinic C2/c phase.

II. EXPERIMENTAL

Polycrystalline FNO samples were prepared in a conven-
tional solid-state reaction route as described in Ref. [9]. Sto-
ichiometric amounts of Fe, Fe2O3, and Nb2O5 powders were
thoroughly mixed and then pelletized in a glove box filled with
argon. The pellets were then sealed under vacuum in a quartz
tube and heated at 1000 °C for 20 h. This process was repeated
once to improve the sample quality. Powder x-ray diffraction
(XRD) was carried out at room temperature to verify the
phase purity using Cu Kα radiation. NPD measurements were
carried out on the High Resolution Powder Diffractometer at
China Advanced Research Reactor, using neutron wavelength
λ = 1.888 Å in the angular range 7°–152° with a step of
0.07°. The data have been collected at 150, 110, 95, 85,
60, and 10 K. Temperature-dependent dielectric permittivity
was measured with Agilent E4980A Precision LCR meter at
different frequencies. The low-temperature environment was
realized in a Physical Property Measurement System (PPMS)
from Quantum Design (QD). Magnetic susceptibility was
measured with a QD Magnetic Property Measurement System
(MPMS3) magnetometer.

III. RESULTS

Room-temperature XRD pattern on FNO confirms that we
have obtained a nearly single-phase sample with Nb2Co4O9-
type structure having a trigonal P-3c1 space group. A small
amount of FeNb2O6 secondary phase, ∼1.3 wt%, was iden-
tified via analyzing the XRD pattern, similar as reported in
the previous study [9]. The calculated lattice parameters a =
5.2231(1) Å and c = 14.2018(4) Å at room temperature are
in excellent agreement with those of a = 5.2253(1) Å and
c = 14.2058(2) Å reported previously [9].

The obtained sample is further characterized by measure-
ments of magnetic susceptibility χ (T ) and dielectric permit-
tivity ε′(T ). The χ (T ) was measured upon warming up under
an external field of 0.01 T after both zero-field cooled (ZFC)
and field cooled (FC) from room temperature. As shown
in Fig. 1(a), a small kink observed in both ZFC and FC
χ (T ) curves suggests the AF transition around TN ≈ 94 K,
which is slightly higher than that reported in Ref. [9]. The
increase of χ (T ) below TN upon cooling should arise from the
field-induced spin canting along some easy axis, which can

FIG. 1. Temperature dependence of (a) magnetic susceptibility
χ (T ) measured under 0.01 T and (b) dielectric permittivity ε′(T )
at different frequencies ( f = 10 kHz, 100 kHz, and 1 MHz). The
Néel temperature TN ≈ 94 K and the structural transition temperature
Tstr ≈ 80 K are indicated by the arrows in the figure.

be determined from measurements of χ (T ) along different
directions of single-crystal sample. An additional peak around
6 K should be attributed to the FeNb2O6 impurity. Similar
as the previous report [9], two anomalies are evidenced in
ε′(T ) at TN ≈ 94 K and Tstr ≈ 80 K in the absence of magnetic
field. These anomalies show no frequency dependence up to
1 MHz as seen in Fig. 1(b). As mentioned above, the magnetic
structure of FNO below TN and the origin of the second ε′(T )
anomaly around Tstr remain elusive. Thus, the main purpose
of this work is to determine the low-temperature crystal and
magnetic structures of FNO.

Figure 2 shows the low-angle regions of NPD patterns
measured at various temperatures for FNO sample. For the
sake of clarity, the patterns are offset by 0.6° and 600 counts
with respect to each other. It can be clearly seen that two
consecutive phase transformations take place upon cooling.
First, a magnetic transition occurs between 110 and 95 K as
indicated by the emergence of several peaks at low angles
around 17°, 26°, and 33°. Then, a pronounced peak splitting
at 85 K and below suggests the presence of a structural
phase transition between 95 and 85 K. It should be noted
that the magnetic and structural transition temperatures seen
from NPD in Fig. 2 are slightly higher than those determined
from anomalies in χ (T ) and ε′(T ) shown in Fig. 1. This is
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FIG. 2. Neutron-diffraction patterns of Fe4Nb2O9 at low-angle regions measured at different temperatures. For the sake of clarity, the
patterns are offset by 0.6° and 600 counts with respect to each other. The (hkl ) indices of the magnetic peaks in the figure are given for the
high-temperature trigonal structure setting.

presumably due to the distant location of thermometer from
sample in the NPD measurements. Thus, the transition tem-
peratures TN ≈ 94 K and Tstr ≈ 80 K determined from χ (T )
and ε′(T ) should be regarded as the real values.

A. Crystal structure at 150 K

Before solving the low-temperature magnetic and crystal
structures, we first determined the structural parameters of
FNO at 150 K, which retains the centrosymmetric P-3c1
symmetry with two Fe atoms located at 4d sites (1/3, 2/3, z),
one Nb atom at 4c site (0, 0, z), and two O atoms at 6g and
12 f positions, respectively. Figure 3(a) displays the Rietveld
refinement plot of the NPD data at 150 K. The obtained
structural parameters are listed in Table I, and the refined
crystal structure is depicted in Fig. 4(a).

As can be seen, the layered trigonal crystal structure
represents an ordered stacking of the honeycomb layers of
edge-sharing metal-oxygen octahedra, where (Fe2)Nb bilay-
ers are interleaved with a single layer composed of solely
Fe1-oxygen octahedra. In this arrangement, every metal-
oxygen octahedron shares three edges with neighboring
metal-oxygen octahedra within the plane, and one face with
an octahedron on a neighboring layer along the c axis, while
the opposite face borders the vacant space in the middle of the
honeycomb hexagons in the neighboring layer of the opposite
direction. Along the c axis, Fe1 octahedra are exclusively
facing the Fe2 octahedra and vice versa, and the Nb octahedra
are exclusively facing the Nb octahedra. In the (Fe2)Nb

bilayers, all honeycomb units are exclusively composed of the
sequentially positioned Fe2 and Nb atoms, such that every Nb
atom borders only the Fe2 octahedra in the plane, and every
Fe2 atom borders the octahedra around Nb atoms. The fact
that every metal octahedron along the c axis is face-sharing
connected to another octahedron in one direction and to the
empty space in the middle of a honeycomb unit in another
leads to a rather pronounced buckling of the layers. Thereby,
the “thickness” of the buckled (Fe2)Nb layers, amounting to
0.715(11) Å, is significantly larger than the buckling of the
layers composed of solely Fe1 atoms that amounts to 0.420(9)
Å. The in-plane interatomic separations between the metal
atoms in the buckled planes are slightly longer than the sepa-
rations through the shared faces along the c axis. For example,
the Nb–Fe2 bonds in the Fe(2)Nb planes are 3.098(2) Å,
while the Nb–Nb bonds along the c axis are 3.081(10) Å,
respectively. Similarly, the Fe1–Fe1 bonds in the Fe1 planes
are 3.043(1) Å, while the Fe1–Fe2 bonds along the c axis are
2.931(9) Å.

B. Magnetic structure at 95 K

Upon cooling to 95 K, we observe the appearance of
(002), (100), (004), and some other diffraction peaks as shown
in Fig. 2. All these are actually allowed diffraction peaks
for the P-3c1 crystal structure, yet they have diminishingly
weak intensities in neutron diffraction on the purely chemical
structure. Thus, they should be attributed to the development
of long-range AF ordering with propagation vector κ = 0. By
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FIG. 3. Rietveld refinement plots of the neutron-powder-
diffraction data at (a) 150, (b) 95, and (c) 10 K. The ticks below
the graphs indicate the calculated Bragg positions of the crystal
structure (upper row) and magnetic structure (lower row). The
magnetic contributions at 95 and 10 K are also shown under the
observed/calculated profiles.

using the program SARAH [19], we carried out the symmetry
analysis of possible magnetic ordering of the Fe1 and Fe2
ions for a propagation vector κ = 0, based on the NPD at
95 K and high-temperature trigonal crystal structure. Decom-
position of the magnetic representation �Mag and the possi-
ble magnetic basis vectors are summarized in Supplemental

TABLE I. Crystal structural parameters of Fe4Nb2O9 refined
from neutron-powder-diffraction data at 150 Ka in space group P-3c1
(No. 165, Z = 2) with the lattice parameters a = 5.2205(2) Å, c =
14.1857(5) Å, and V = 334.81(2) Å

3
.

Atom Site x y z B (Å
2
)

Nb 4c 0 0 0.1414(5) 0.61(11)
Fe1 4d 1/3 2/3 0.0148(4) 0.59(13)
Fe2 4d 1/3 2/3 0.3082(5) 0.82(12)
O1 12g 0.3403(6) 0.3158(11) 0.0849(4) 0.66(7)
O2 6 f 0.2824(10) 0 1/4 0.58(12)

aReliability factors: χ 2 = 1.58, RBragg(%) = 5.14.

Material, Table S1 [20]. After a careful examination of all
possible magnetic-ordering models against the NPD pattern
in the Rietveld refinements, we conclude that the magnetic
ordering occurs according to the irreducible representation
�6, and the magnetic structure can be described by a linear
combination of either the basis vectors ψ9 and ψ10, or ψ11

and ψ12. The coefficients in these linear combinations are
identical, i.e., either of the two combinations 1∗ψ9 + 1/3∗ψ10

or 1∗ψ11 + 1/3∗ψ12, provides an equivalently satisfying fit
to the experimental data, and gives an essentially identical
magnetic structure.

An illustration of the final Rietveld refinement of the
crystal and magnetic structures based on the NPD data at
95 K is shown in Fig. 3(b). For a better understanding of the
magnetic structure, it is instructive to map out the magnetic
Fe sublattices. The two distinct honeycomb Fe layers are
highlighted in Fig. 4(c). The Fe1 atoms form a weakly buckled
Fe1 layer with the interatomic separations of 3.043(1) Å
and an effective buckling thickness of 0.420(9) Å, while the
Fe2 atoms belonging to two adjacent (Fe2)Nb layers form
a strongly buckled Fe2 layer, in which both the interatomic
Fe2-Fe2 distances of 3.437(5) Å, and the buckling thickness
of 1.651(11) Å are much larger than those in the Fe1 layer.
In addition, while the Fe1 layer is indeed a unique layer
formed by the edge-sharing octahedra around the Fe1 atoms,
the exact exchange paths in the severely buckled Fe2 layer
are more complex, because these Fe2 atoms are consecutively
belonging to different neighboring (Fe2)Nb layers.

The refined magnetic structure at 95 K is depicted in
Fig. 4(d). As can be seen, the Fe1 and Fe2 magnetic moments
are lying in the ab plane, and are arranged antiferromag-
netically inside the planes. For every Fe atom in either the
weakly or strongly buckled honeycomb layers, the moments
of the three nearest-neighbor Fe atoms in the same layer are
directed oppositely. Along the c axis, the moments of Fe1 and
Fe2 atoms are coupled ferromagnetically. Assuming an equal
moment configuration at the Fe1 and Fe2 sites, the magnitude
of Fe magnetic moment is refined to be 2.1(1)μB at 95 K.

C. Structural phase transition at 85 K

Upon further cooling to 85 K and below, the nuclear
diffraction peaks get split (Fig. 2), which indicates that the
sample undergoes a structural phase transition. A closer in-
spection of the NPD patterns at 85 K and below indicates that
nuclear-diffraction peaks display a specific splitting pattern,
whereas the magnetic peaks seem to stay unchanged in their
positions except for a gradual enhancement of intensity upon
cooling. It was thus assumed that the structure transition
should happen into the symmetry-related subgroup, while the
magnetic structure is preserved. Indeed, a direct subgroup
of the P-3c1–a monoclinic C2/c space group—immediately
delivers a solution that can satisfactorily describe the observed
pattern.

In the low-temperature monoclinic C2/c structure, the
positions of O1 and O2 atoms of the high-temperature trig-
onal structure are splitting into three and two independent
positions, respectively. Except for O2_1 located at the 4e
(0, y, 1/4) site, all other atoms are located in the general
8 f (x, y, z) positions. Refinement of the crystal-structure
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FIG. 4. Illustrations of the crystal structure (a) at 150 K in trigonal P-3c1 space group and (b) at 10 K in monoclinic C/2c space group. Fe
atoms are plotted in red (Fe1, in the layers formed solely by Fe) and in pink (Fe2, in the FeNb layers), Nb atoms in orange, and oxygen atoms
in blue. (c) Schematic view of Fe sublattices in a direction nearly perpendicular to the c axis. The weakly buckled honeycomb layers of Fe1
atoms (red) are interleaved by the strongly buckled honeycomb layers of Fe2 atoms (pink). (d) Schematic view onto the magnetic structure at
95 K in trigonal phase. Fe moments are directed along the projections of two of the bonds of every honeycomb onto the x-y plane, and 60°
inclined to the projections of the other four bonds. (e) The magnetic structure at 10 K in the monoclinic phase.

parameters was done based on the neutron data at 10 K.
An illustration of the Rietveld refinement plot is shown in
Fig. 3(c), and a schematic representation of the crystal struc-
ture at 10 K is given in Fig. 4(b). The refined crystal-structure
parameters are summarized in Table II. As shown in Fig. 4(b),
while the spatial ordering of the Fe and Nb octahedra remains
essentially same as the trigonal phase, the low-temperature
crystal structure features some differences. The a/b ratio of
the resulting rectangle built on the a and b lattice constants
displays a weak deviation from

√
3, namely a/

√
3b ≈ 1.013.

Additionally, a rather weak sliding of the metal octahedral
planes with respect to each other introduces a monoclinic
distortion of ∼1.7◦.

For this low-temperature monoclinic cell, all magnetic
peaks fit nicely into the κ = 0 assumption, thus confirming
that the magnetic ordering is preserved through the struc-
tural phase transition. Based on the NPD data at 10 K, the
symmetry analysis of possible magnetic ordering of the Fe1
and Fe2 ions, both located in the 8 f (x, y, z) positions for a
propagation vector κ = 0, has been carried out again using

the program SARAH [19]. The decomposition of the magnetic
representation �Mag and the possible magnetic basis vectors
are summarized in Table S2 [20]. After checking all possibil-
ities, we conclude that the only irreducible representation that
succeeds to fit the data is the �2 with the ψ4 basis function.
The resulting magnetic structure is presented in Fig. 4(e).
The in-plane contradiction between the trigonal symmetry and
the unique direction of magnetic moments along one of the
three Fe–Fe bonds’ directions at 95 K is being taken off by a
slight deviation from trigonal symmetry in the xy plane. Under
assumption of the equal moment configuration, the magnetic
Fe moments amount to 3.83(4)μB at 10 K.

IV. DISCUSSION

The magnetic structure of A4M2O9 (A = Co, Mn and M =
Nb, Ta) materials and the origin of spin-induced polarization
have been subjected to extensive study. Bertaut et al. [18] first
reported the magnetic structure of Mn4Nb2O9 and Co4Nb2O9

using NPD experiments. According to their study, the spins
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TABLE II. Crystal structural parameters of Fe4Nb2O9 re-
fined from neutron-powder-diffraction data at 10 Ka in space
group C2/c (No. 15, Z = 4) with the lattice parameters a =
9.0916(6) Å, b = 5.1825(3) Å, c = 14.1983(9) Å, β = 91.677(1)◦,
and V = 668.71(7) Å

3
.

Atom Site x y z B (Å
2
)

Nb 8 f −0.0007(11) −0.000(3) 0.1421(8) 0.31(18)

Fe1 8 f 0.1645(8) 0.501(3) 0.0132(5) 0.65(13)

Fe2 8 f 0.1722(9) 0.505(2) 0.3066(6) 0.97(16)

O1_1 8 f 0.1698(16) 0.850(3) 0.084(1) 0.77(12)b

O1_2 8 f 0.3462(16) 0.3192(19) 0.087(1) 0.77(12)b

O1_3 8 f 0.4951(17) 0.825(2) 0.085(1) 0.77(12)b

O2_1 4e 0 0.720(4) 1/4 1.1(2)c

O2_2 8 f 0.1365(12) 0.145(3) 0.250(1) 1.1(2)c

aReliability factors: χ 2 = 1.68, RBragg(%) = 5.20.
bAtomic displacement parameters for atoms O1_1, O1_2, and O1_3
were refined with constraint to equality.
cAtomic displacement parameters for atoms O2_1 and O2_1 were
refined with constraint to equality.

are ordered along the c axis within two ferromagnetic chains
along (1/3, 2/3, z) (+spin) and (2/3, 1/3, z)(-spin). These
two chains are antiferromagnetically coupled resulting in
a net zero magnetization. Magnetic susceptibility measure-
ments on Mn4Nb2O9 single crystal confirmed the collinear
magnetic structure along the c axis in this system [21].
Similar magnetic structure was also reported in Mn4Ta2O9

single crystal [22]. In contrast, measurements of single-crystal
neutron diffraction and magnetic susceptibility along differ-
ent crystallographic directions have shown that the mag-
netic moments in Co4Nb2O9 are confined in the trigonal
basal plane instead of parallel to the c axis [12]. Later on,
Deng et al. showed that the magnetic moments of Co atoms
are noncollinearly arranged in the ab plane [23]. A recent
neutron-diffraction study on Co4Ta2O9 also evidenced non-
collinearly canted spin arrangement of Co atoms in the ab
plane [24].

In the present study, we not only determined the mag-
netic structure of FNO below TN , but also uncovered a
structural phase transition at Tstr < TN . It is noteworthy that
such a temperature-driven structural phase transition ob-
served in FNO has not been observed in related A4M2O9

(A = Mn, Co) materials. The detailed structural parameters
of FNO at different temperatures are given in Table S3
[20]. Such important information from this study enriches
the magnetic and structural properties of the A4M2O9 family.
In contrast to the above-mentioned A4M2O9 materials, the
magnetic moments of both Fe1 and Fe2 atoms are found
to be confined roughly in the ab plane and directed an-
tiparallel with respect to its three nearest neighbors. Despite
the distinct magnetic structures, the observation of dielectric
anomaly around TN in FNO suggests a strong ME cou-
pling. The magnetic structure determined in this work can
provide the basis for further studies of LME coupling in
FNO.

FIG. 5. Top view onto the two possible magnetic structures at
95 K in trigonal phase. Fe moments are directed along the (a) x axis
and (b) y axis.

As mentioned above, our results reveal that Fe1 and Fe2
magnetic moments are collinearly arranged in the ab plane
with two possibilities. We first define Cartesian coordinates, x,
y, z, as shown in Fig. 5. For Tstr < T < TN , (1) if the magnetic
structure is given by the basis vectors 1∗ψ9 + 1/3∗ψ10, the
magnetic moments of the Fe1 and Fe2 atoms are antiparal-
lelly aligned along the x//[2, 1, 0] direction, respectively, as
shown in Fig. 5(a). Accordingly, the magnetic point group is
2/m′. 2 is twofold rotation along the y//[0, 1, 0] direction.
(2) If the magnetic structure is given by the basis vectors
1∗ψ11 + 1/3∗ψ12, the magnetic moments of the Fe1 and Fe2
are antiparallelly aligned along the y direction, respectively,
as shown in Fig. 5(b). Accordingly, the magnetic point group
is 2′/m. Below 85 K, the magnetic point group is 2/m′ too.
Both 2′/m and 2/m′ are nonpolar and allow LME effect [25].
In particular, the linear magnetoelectric matrix form is

⎡
⎢⎣

0 αxy 0

αyx 0 αyz

0 αzy 0

⎤
⎥⎦ (1)

for 2′/m and
⎡
⎣

αxx 0 αxz

0 αyy 0

αzx 0 αzz

⎤
⎦ (2)

for 2/m′, respectively, which are consistent with the reported
LME behavior below 95 K [9].

In type-II multiferroic, the ME coupling below the
magnetic-ordering temperature has been explained in terms
of three well-known models, i.e., the spin-current mechanism
for noncollinear magnetic structure [26], the magnetostriction
model for collinear spin arrangements [27], and d-p hy-
bridization mechanism between spin and its ligand atoms with
spin-orbital interaction [28], in some low-symmetry crystals
with noncollinear magnetic orders. In order to extract more
information about the microscopic origin of ME coupling, we
introduce a symmetry-based local ME tensor technique [29],
which has successfully resolved the microscopic origin of
polarization in multiferroic hexaferrites [30]. Let us consider
that a spin pair S1 and S2 can produce a local dipole p as the
quadratic functions in Einstein convention:

p = p(S1, S2) + p(S1) + p(S1)

= Pαβγ

12 S1αS2β +
∑
i=1,2

Pαβγ

ii SiαSiβ, (3)
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where α, β, γ run over all the Cartesian coordinates, x, y, z.
All three well-known mechanisms mentioned above can be
expressed as a special form of spin tensor Pαβγ

ii and two-spin
tensor Pαβγ

i j . In particular, the spin-current mechanism p ∝
e12 × (S1 × S2) leads to antisymmetric Pαβγ

i j :
⎛
⎜⎝

0 e12y,−e12x, 0 e12z, 0,−e12x

−e12y, e12x, 0 0 0, e12z,−e12y

−e12z, 0, e12x 0,−e12z, e12y 0

⎞
⎟⎠, (4)

while exchange-striction mechanism p ∝ e12(S1 • S2) shows
a Pαβγ

i j with diagonal term only:
⎛
⎜⎝

e12x, e12y, e12z 0 0

0 e12x, e12y, e12z 0

0 0 e12x, e12y, e12z

⎞
⎟⎠, (5)

where e12 = (e12x, e12y, e12z ) is connecting vector of adjacent
spin pair S1 and S2.

In contrast, p-d hybridization, p ∝ ei(ei • Si )2, has a Pαβγ

ii
tensor with the symmetric matrix form:

⎛
⎜⎝

eixeixeix, eixeixeiy, eixeixeiz eixeiyeix, eixeiyeiy, eixeiyeiz eixeizeix, eixeizeiy, eixeizeiz

eiyeixeix, eiyeixeiy, eiyeixeiz eiyeiyeix, eiyeiyeiy, eiyeiyeiz eiyeizeix, eiyeizeiy, eiyeizeiz

eizeixeix, eizeixeiy, eizeixeiz eizeiyeix, eizeiyeiy, eizeiyeiz eizeizeix, eizeizeiy, eizeizeiz

⎞
⎟⎠, (6)

where vector ei = (eix, eiy, eiz ) connects the transition metal
i and its neighbor ligand atom. By introducing the crystal
symmetry, the forms of the local ME tensors can be greatly
simplified due to its polar tensor property [30]. For simplicity,
we assume: (i) there are only three kinds of two-spin inter-
actions that can generate local dipole, Fe1-Fe1, Fe2-Fe2, and
Fe1-Fe2. As shown in Fig. 4(d), the Fe1 and Fe2 atoms are
denoted as the red and purple symbols, respectively, and the
Fe1-Fe1 and Fe2-Fe2 are bonds between the nearest-neighbor
Fe atoms within the red and purple layers, having bond length
of 3.043 and 3.412 Å, respectively. The Fe1-Fe2 bonds are
along the c axis between two nearest-neighbor Fe1 and Fe2
atoms with a distance of 2.931Å. All three kinds of bonds
between nearest-neighbor Fe atoms are considered for the
local electric dipole; (ii) in any spin configuration, the spins in
Fe1 and Fe2 layers are identical and respond in same manner
to the external field H. As shown in Fig. 5, the spin at 1 site
in Fe1 layer is S1 and 2 site S2 where S1 = −S2 only hold
for H = 0. Then, the total polarization generated in Fe1 layer
pFe1-Fe1 by Fe1-Fe1 two-spin interaction can be expressed as

pFe1-Fe1 =
∑

i j

Pαβγ
i j SiαS jβ =

⎛
⎝∑

i j

Pαβγ
i j

⎞
⎠S1αS2β, (7)

where i j runs all adjacent Fe1-Fe1 pairs and ensure that Si

is S1 and S j is S2. After considering all the 3z, 2y, and –1
symmetric operations,

∑
i j Pαβγ

i j can be simplified as

∑
i j

Pαβγ
i j ∝

⎛
⎜⎝

0 0 f , 0, 0

0 0 0, f , 0

− f , 0, 0 0,− f , 0 0

⎞
⎟⎠. (8)

For the Fe2-Fe2 and Fe1-Fe2 case, we derived the exactly
same form in

∑
i j Pαβγ

i j . Then Eq. (7) can only be expressed
in a form similar to the spin-current mechanism:

pFe1-Fe1 ∝ (0, 0, f ) × (S1 × S2), (9)

where (0, 0, f ) is a vector along z. For H = 0, H//x, and
H//y, (S1 × S2) = 0 or //z so that pFe1−Fe1 = 0. For H//z,
the (S1 × S2)//y and //x for 2/m′ and 2′/m point group,

respectively. Then, pFe1−Fe1 should be along x and y di-
rection, respectively, corresponding to nonzero αxz and αyz

ME coefficients in 2/m′’ and 2′/m, respectively, in Eqs. (1)
and (2). The same argument could be applicable to Fe2-Fe2
interactions. However, for Fe2-Fe1, the two spins are the
same due to the ferromagnetic along the c axis, leading to
zero net polarization. Therefore, we can draw the conclusion
that only spin-current mechanism can contribute to αxz or
αyz by Fe1-Fe1 and Fe2-Fe2 interactions. Exchange-striction
and anisotropic-symmetric-exchange mechanisms [31] due to
spin-orbital coupling can be completely ruled out in the linear
ME effect from symmetry analysis [Eq. (9)].

As for the single-spin induced polarization pFe, it can be
expressed as

pFe =
∑

i

Pαβγ

ii S1αS1β +
∑

j

Pαβγ

j j S2αS2β, (10)

where S1 spin resides on the i sites and S2 spin on the j sites.
After considering all the 3z, 2y, and –1 symmetric operations,∑

i Pαβγ
ii and

∑
j Pαβγ

j j can be simplified as

∑
i

Pαβγ
ii = A

⎛
⎜⎝

g, 0, h 0,−g, 0 k, 0, 0

0,−g, 0 −g, 0, h 0, k, 0

k, 0, 0 0, k, 0 0, 0, l

⎞
⎟⎠,

∑
j

Pαβγ

j j = −A

⎛
⎜⎝

g, 0, h 0,−g, 0 k, 0, 0

0,−g, 0 −g, 0, h 0, k, 0

k, 0, 0 0, k, 0 0, 0, l

⎞
⎟⎠, (11)

where g, h, k, l, and A are constants. Comparing to Eq. (6) of
the d-p hybridization mechanism, g, h, k, l can be nonzero.
One could immediately find that pFe = 0 at H = 0. After
applying H//x, y, or z, the electric dipole from two spin
sites will no longer cancel each other out due to S1 + S2 	= 0,
leading to all allowed nonzero ME coefficients in Eqs. (1)
and (2). Therefore, the spin-current mechanism is responsible
for one of the ME coefficients, while the d-p hybridization
mechanism can be the origin of every ME coefficient allowed
in Eqs. (1) and (2) between Tstr and TN . Due to the lower
crystal symmetry at T < Tstr , the mathematical expressions
for two-spin and single-spin ME tensor become very complex
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and cannot be simplified further. It is possible that all three
main mechanisms are the microscopic origins of linear ME
effects in FNO.

In conclusion, we have investigated the crystal and mag-
netic structures of the recently discovered magnetoelectric
materials Fe4Nb2O9 by means of neutron-powder diffraction
at low temperatures. We have successfully established the
antiferromagnetic spin structure below TN ≈ 94 K, which is
featured by antiparallel alignment of Fe moments with respect
to its three nearest neighbors within the buckled honeycomb
layers. Our results also reveal a structural transition from
trigonal P-3c1 to monoclinic C2/c upon cooling across Tstr ≈
80 K, which should be responsible for the observed second
dielectric anomaly. The magnetic structure is found to be
preserved in the low-temperature monoclinic phase, and the
Fe magnetic moment increases from 2.1(1)μB at 95 K to
3.83(4)μB at 10 K assuming an equal moment configuration.
We have determined the magnetic point group and linear

magnetoelectric tensor at each temperature region, and proved
that the microscopic origins of the ME effects between TN and
Tstr are the spin-current and d-p hybridization mechanisms
based on a symmetry-related tensor analysis.
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